Introduction
Let (M,g) be a Riemannian manifold with a posiblly indefinite metric g. A tensor field T of type (;; It is clear that any recurrent tensor field must be birecurrent one. It is also clear that any tensor field which fulfils (5) = 0 is recurrent, and that which fulfils (6) ^-Si..*,« = 0 is birecurrent. Moreover, on manifolds of dimension n > 4, if the Riemann curvature tensor possesses one of the above mentioned properties, then the
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same is due to the Weyl conformal curvature tensor C with components
It should be mentioned that the converse statements are not true in general.
If the Riemann curvature tensor of (M, g) satisfies (1) (resp. (3), (5), (6)), then the manifold is said to be recurrent (resp. birecurrent, locally symmetric, bisymmetric). If the Weyl conformal curvature tensor of (M,g) satisfies (1) (resp. (3), (5) , (6)), then the manifold is said to be conformally recurrent (resp. conformally birecurrent, conformally symmetric, conformally bisymmetric).
For such classes of manifolds we have a set of inclusions and the inclusions are strict (see e.g. [1] , [3] ). To indicate this strictness, if we need it, we precede the name of the manifold by adverb essentially. In particular, by an essentially conformally birecurrent manifold we mean a conformally birecurrent manifold which is neither conformally bisymmetric nor conformally recurrent nor birecurrent.
In the previous papers ( [2] , [4] ), the author has studied conformally birecurrent manifolds with recurrent but non-parallel Ricci tensor.
In this paper we deal with conformally birecurrent (and conformally recurrent) manifolds with parallel Ricci tensor. First of all we shall estabilish the existence of such manifolds which are essential. Afterwards we shall prove some properties of manifolds under consideration. As a corollary we shall show that a conformally birecurrent manifold which is simultaneously an Einstein one must be Ricci-ilat and birecurrent. Then a kind of classification with respect to the rank of the Ricci tensor will be given. Finally a theorem of structure character in dimension 4 will be proved.
Throughout the paper all manifolds under consideration are paracompact smooth and connected and their metrics are not assumed to be definite.
Preliminaries
Let (M,g), dim M > 4, be a Riemannian manifold with parallel Ricci tensor.
Suppose that (M,g) is birecurrent. Let W C M be the set of points at which the curvature tensor does not vanish. Assume 1^/0. Then relation (2) 
is an essentially conformally recurrent manifold with parallel Ricci tensor.
(
) is an essentially conformally birecurrent manifold with parallel Ricci tensor.
Proof. In the above described mctric the only components of the Ricci tensor which may not vanish are Tin = -4(ra -1);;, iin,i = -4(m -l)p'. So we have Rij,k = 0 if and only if p = const. This, together with ([1], Lemmas 1-6 and Theorem 1), yields our theorem.
We shall often use the following lemmas. 
Main results
Let (M,g) be a conformally blrccurret manifold with parallel Ricci tensor. Thus 
Proof. Contraction of (14) with g'i gives (16). Then relation (17)follows from (14), (16) and (8) . Applying (17) to (9) we get (18). To prove (19) suppose that C(x) = 0 for some x G M. Then (19) is a consequence of the Ricci identity. On the other hand, if C(x) ^ 0, by covariant differentiation of (7) and the use of (14) and (15) 
LEMMA 10. Let (M,g) be a conformally birecurrent manifold with parallel Ricci tensor. Suppose that U is a non-empty open subset of M such that C(x)
0 and V 2 C(.R) ^ 0 at any point x G U. Then the relations On the other hand, from (7), in virtue of (14) (31), (24) and (21), we obtain (25) on U. Thus the lemma is proved. Moreover, from (7), (32) and (33), we have
Transvecting the last equation with C r tJ jt, in view of (34) and (25), we get R{a m pCujk -a.ipC m ijk) = 0, whence, by symmetrization in (m, i) and the use of Lemma 5, we find R = 0 on U. 13tit the scalar curvature is constant on M, so it must vanish on M. This completes the proof. If F = const ^ 0, then we would have FChijk,i = 0 and FChijk,im = 0, a contradiction. Therefore, we have (39) and relation (40) is a consequcnce of (18). Suppose that (U,g) is a recurrent manifold. Since C ^ 0, so R ^ 0 and we have Rhijk,i = ciR-kijk for some covcctor c. But the Ricci tensor is parallel, which implies c = 0 on U and (U,g) would be a locally symmetric manifold.
Conformally recurrent manifolds
In this section we shall investigate manifolds characterized in Theorem 2(c). We start with some results due to Roter ([10] , [11] ). By a simply conformally recurrent manifold we mean a conformally recurrent manifold which is locally confonna.1 to a non-conformally flat conformally symmetric one. Such a manifold is said to be essentially conformally recurrent if it is neither conformally symmetric nor recurrent. According to ([6], Proposition) , the distribution D is isotropic and parallel on V. Since dim M -4, the thesis of our theorem follows now from Theorems 3, 2 and formula (9) from the paper [7] . This completes the proof.
